Abstract Conditions are given for a Banach algebra A with involution  which insure that every derivation on A is continuous. To do this, we define and study on a concept called  -primeness.
INTRODUCTION
In Automatic Continuity theory we are concerned with algebraic conditions on a linear map between Banach spaces which make this map automatically continuous. This theory has been mainly developed in the context of Banach algebras, and there are excellent accounts on automatic continuity theory [3] , [4] , [9] (see also [10] ) in this associative context. In [11] Singer and Wermer proved that the range of a continuous derivation on a commutative Banach algebra is contained in the Jacobson radical. They conjectured that the assumption of continuity is unnecessary. In [6] Johnson proved that if is a semi-simple Banach algebra, then every derivation on A is continuous and hence by the Singer-Wermer theorem it is zero.
In this paper, we address the problem of automatic continuity of derivation in some Banach algebras with involution , to know the  -prime Banach algebras. Regarding continuity the Automatic Continuity of prime Banach algebra, we interested in the question: ( Q ) Is any derivation in a semi-prime Banach algebra is continuous? This question is still open even the cases of commutative Banach algebras. However, it is well known that any derivation of an semi simple Banach algebra is continuous [7] . Question ( Q ) is asked by J. Cusack in [2] . He showed that if the answer to ( Q ) is negative, then there exists a radical simple topologically Banach algebra non trivial. J. Cusack shown in [8] that the following assertions are equivalent:
i)
The separating ideal in a derivation of a Banach algebra is nilpotent. ii)
Any derivation of a semi-prime Banach algebra is continuous. iii)
Any derivation of a prime Banach algebra is continuous.
II. PRELIMINARIES
In these papers, the algebras considered are assumed complex, unitary, not necessarily commutative. An involution  on an algebra A is a mapping: satisfying the following properties: 
A is called prime (resp. semi-prime) if the ideal {0} is the prime (resp. Semiprime). Let
(the product of any n elements of M is zero). We call prime radical (or nil radical); the intersection of all prime n ideals of A . This radical will be noted L . Note that L is a semi-prime ideal which is contained in all semi-prime ideal of A . Thus, A is semi-prime if and only if L = {0}. We also show that L is a nil ideal containing all left (or right) nilpotent ideals. In the commutative case that A is prime is equivalent to saying that A is integral, and L is none other than the set of nilpotent elements of A . We also have the following important result that achieves the prime ideals.
Proposition 3.1 ([5] p.391) Let
I be an ideal of an algebra A and let S be a subset of A stable multiplication such that I ∩ S = {0}. Then there exists a prime ideal P in A such that P ∩ S = {0}.
Let
E be a set of an algebra A is called the left annihilator of
Definition 3. 1 Let
A be an algebra with involution σ. An ideal P of A is said σ-prime (resp.σ-semi-prime), if this two σ-ideals
The algebra A is said  -Prime (resp. σ-semi-Prime) if {0} is  -prime (resp. {0} is  -semiprime). If P is a prime -ideal of A , then P is  -prime of A . Note that if A is a prime algebra provided with an involution , then A is σ-prime. However, the converse is not always true. This is the case of the following example:
Example 3.1 Let
A be a prime algebra and A° the opposite algebra A . Consider the algebra B = A × A° . With the exchange involution defined by 
. As σ is anisotropic, then, 0  a As a result  I {0}. In the following, we give some characterizations  -Prime algebras.
Proposition 3.3 Let
A be an algebra and P prime sub-algebra (resp. Semi-prime) of ⊆ I , where < J > is the ideal of A generated by J .
Proposition 4.4 Let
A be an algebra and I , P two ideals of A such that P is prime, I = {0} and I P = {0}. So we have: 1)
I is a prime sub-algebra which contains no prime ideal of A .
2)
P is a minimal prime ideal of A and
is the ideal of A generated by H (resp. K ).We have P is a prime ideal, hence < H >⊆ I P = {0} or < K >⊆ I P = {0}.
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Therefore, I is a prime sub-algebra. If Q is an prime ideal strictly content in I , then PI = {0} ⊆ Q , which is absurd. 2) Follows immediately from 1) and the previous proposition. 
Proposition 3.5 Let
A be a  -prime algebra is not prime. Then there exists a prime ideal P such that: 1) P ∩  ( P ) = {0}.
2)
P and  ( P ) are two minimal prime ideals, P = )) ( ( P Ann  ) and  ( P ) = ) (P Ann . Proof 1) We apply Zorn's lemma to the set D of ideals of A such that )
2) Follows immediately from the previous proposition  Proposition 3.6 Let A be an  -algebra. Consider the following assertion: 1)
A is  -simple.
A is  -prime.
3)
A is  -semi prime.
4)
A is semi-prime. Remark From the above proposition, we see that the concept of  -semi prime and semi prime on A coincide, which gives an equivalent definition of semi-prime  -algebras, using a particular class ideals instead to considered all left ideals of A .
IV. AUTOMATIC CONTINUITY
In this work, we study the question ( Q ) in the class of  -Prime Banach  -algebra. We show that if a A is a  -prime Banach algebra that is not prime, then all derivation on A is continuous (Theorem 4.1).
A derivation
D on an algebra A is a linear mapping from A to itself satisfying 
